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wliero /.•, is a rational fuiictioii of /r, and /•„ \h what k^ bocoinea by changing to

into w\ l\y putting a = i in (a^),

Ji^ - A,{tp'A\ . . . . XtFtf.
Taking this in connection with the second of equations (87),

In like manner, by putting c for r in (85), and taking the result in connection
with the lirst of equations (87),

iJUf7'f= »t"(^,„Jr")$(i^7'^
. . .)

" \{rc..^7/'){^l.,^7r) . . . .}". (90)

From (89) compared with the first of equations (88), and from (90) compared
with the second of equations (88),

l', = w"{A„Ar')Q{Fi"\. . .fm.<P7'-){'^l,4^7"') . . . .}"

and /.^ = ,„. (^4^^,,i-r)(;^(^-,.,_
^ _ .)^](c.<^r,"')(^;.^,ro. . . -r

By §9, because <p, is of the same structure tus the expression (8),

q, being a rational function of the primitive *•" root of unity w\ And, since it

appeared from the reasoning in § 9 that the nature of the function does not
depend on the particular primitive 6»" root of unity denoted by //•', we have at
the same time _ J-

q„ being what ry, becomes when n- is changed into >r\ Therefore, because «t= «,

W^<.^7'^f^<h

'^""^
(<?'.<?'r/")^=</...

Similarly,
(<^\,^-^^f-q[

'^"d (i^^„A-"o^=?;,

whore q[ is a rational function of u-\ and ^^ is what q[ becomes when „ is
changed into iv". Therefore, from (91),

\ = uf {A^A7') Q (Fr' . . . .fiq^qi ....)).

and ;.. ^ „,,.(^^^^_..)^(^_„,_
_ _

_^i-^^^^^,
^

j-

But again, because b(3 = n=>/v, and y is not a multiple of b, v is a multiple

of h. Therefore vjS is a multiple of i/3 or n. Therefore F^~ is a rational

(92)


