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rigbt angle, and thence it follows that the triangle whose angle is maximum at all or not, wo may make a polygon.whoso sides are
right is the groatest. equal aFstline an infinite number of different 3hapes, and of course

Cor. 1. Of all parallelograims on the saine base and witlh sane these are notal maxima.
porimoter, the rectangle is the greatest. For the other aides are VIIf tue baso of ai isoscele triangle ho Ies than the base
equal, and the triangle which is balf the rectangle is groater than of an equal oluilateral triangle, ite aide shah be greater than the
a triangle which is balf of any of the other parallelograms. side of the equilateral triangle.

Cor. 2. A square is greater than any other parallelogran of Let ABC ho an equilateral triangle ad DEF an isoscolea
equal perimneter. For, if the parallelogram b iota rhombus, con. triangle of eqal area, tho base BC heing grenier than the base
struet a rhombus equiangular with il and of saine perimeter. (IV. BF. Thon DE shah bc greater
Cor. 8.) The rhombu j will b greater thian uthe parallelograin hy than A. Though A draw
III. But hy IV., Cor. 1, the rhombus is less than the square. H1K paralol te Bc; join
Therefore the square is still greater than the parallelogram. DBAB,EK. Thon hecause

Cor. 8. Tho space which can be enclosed by an indefinite the triangles DEA, BEA are
straight ime and a straight lino of given length, which is divided cqual, DB je parallel te .B;
into two segments, is greatest when the segments are equal and and therefore RA je equal te
are perpendicular to each other. BE; but RA is equal te AK

V. In a given indefinite straight line to find a point, from which thurofore BE je equal te AK,
if two straight lines be drawn to two given points on the saine side and they are payallol; ibarefore

the givn lino, their sum should bo a minimum. BK je equal te AB. Now the
.Let A, B b the two given points, and KL the given straight angle 0KL ie lese than the

lino. Draw AC at right angles te KL and produce it te D, se agle OLE wbioh is 60, heing
that CD> is equal te AC. Join BD cutting TU in E. Thoen .4E, equal te tho angle BAC. Ronce

3, ulrawn te E are together less than AB, PB drawn te ny othor Ie angle EKD e obtuse, and DE i greaber than aK. But E
point F. F or AE = BD, and AB = PD. Therefore AF + PB 15 equal te AB. Therefore DE je greater than AB.
= DP+ FR, and AR, + EB DE + L =oDB. But DF + VIII. Tua perimter ef a equilaterar triangle is eas than that
PB e grenter than DB; therefore AFP + FB is greater than AB o! any other equal triangle.
+ M. Let ABC b the equilateral triangle. If te ctler triangle ho

VI. The perimecter o! an jeosceles triangle je less than that _~ net iseeceles, censtruot an isoscolce triangle equal te it, whoso par-
any other equal triangle standing on the saine base. jineter will therefore h les than is perimeater. Lot DEK be bal

Lot ABC ho an isosceles triangle, and DRO any other equal tri. of thie isoscelce triangle.
angle tipon tho i.ame base, su that AD la parallel te BC. Produco Then, as e ore, BD je paraliel
RA te B, macing ABE equal te AR; jein MD. Thon i ay ho te A. Prouce BD te meet in
shown that DE is eqlual. te DO. Therefore BD + DO R tD + F a lino thr.ogh - parallel te
DE, whicli is grenter than DE,i. e., than BA + p l; or the peri Bu.
nueter of A4 BC is less than that of the oqual triangle DEC on tho First lot KE ho net les than
saine hash. KA. Thon the angle KAE

Cor. 1. If any polygon ho net equilatoral, another equal pely- (=ADF le net lese t oan E A
gon may be fcund of the sumoe nunher o! aides and wih a less (=4aFD); threfore AF, i.c., elB
pernimeter. . je net lese than AD. Thorofore

Lot A.ICDE bo zi polygon, ana lot AB ho net equal te BC0. BD, BB are togothor net less than BD, AD. But BD, DA are
On aCD as hase censtru t a n isscles triangle ARC equal to greaer than Ato, whiah i greer than AB. The fore DE, B
ABC. Thon AH and ogth are togetha r F, tian A, to , and aregratcrthnnAB. i.c., thesemi-perimeterDEEKiegroaterthan
therefore th perimeter of the polygon AJIDE je less than that AB, BK, ana therefore tho perincter of tho original triangle e
of the equal polygon A R;DE, greater ta nftint o! ARC

Cor. 2. An isosceles triangle is grenter than any scaleri Next lot KE ho less than KA. Mahae th angle EAG equai te
triangle o! equal perimeter and on the same base. the angle A ER. Thon hecause KE le less than KA, the angle

For a an isoscles triangle equal te the scale triaugle ana on ZAB jec than the angle KA, and tnyrefore AG falle abeve
the sane hase will have a es primeter, aas thereforo less than AD. Again, hcanso CE je grenior than CA, the angle Pro dc
th perimitr o the firEt losceles triangle, than whjch it will grenter than tho angle CEA, and thorofore AG fals helow A.
thirfore is lees in araE i. e., the given issceles triangle e AngleAGF=GAri-.B-A1G;therefore F=AG. AIso angle
greter in arCea than th scalno triangle. ADGe tDK>qAK or >DAC>DAG; .. AG ct rag or on th

Cor. 3. Honce if n polygon not equilalateral, a grentor greater than DG. Ronce DE, LB are greaier than BD, Dpy c-,
polygon m ay b found of the sale number of sides and o! equal than EG. lst secause AG =rER, angle GAE=REA, and BA je
perimeter. common, thereforo BG je equal te AR; ana therefore DE, LB alre

Let A BODE b a polygon; and lot the aides A o, bo un- greater than AR, ana again the perimetor of the isoscelos triangle
equal. On AC as b ase construt an isoscles triangle AC sncb and thorefore of the original triangle e greater than that cf the
thatAH+H A B+ B a. Thon the isoscele triangle A BC equilatral triangle.
grefoer than Ue triangle ARC of oqual peri er, sn tharefore Lstly, if the hase cf the isosceles triangle ho tha than that cf
the polygen A)1DB je greaer then thc polygen 4BCDE cf the equilateral, iLs so e greaier hy the proviens therom, (VII).
equal perimoter. If on a side cf i isoscoles triangle anther isoscoles triangle ho

It swill raedily ho slen that w are net justifich in infrri g from constrncted equal to it, this win haro a 1cm porimotar, but ils poi-
the prccdeq tat, the primeter bting given, the area fa poly- meter will, hy the proviens cases, ho groater than that cf the equ-
gon in a maximum whon i a je equilatral, for, ie .aditicn te iLs latoral triangle. Ronce in thiece nlse the oquilateral triangle
bin g d Ebtful, se fAr as the procing goeos, whether there un a bas he loast parimotr.


