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PinScu3~hcCuwc ,~ at %.n jtaî t: iii& "sF, tang-eni to evoiute

of S makes withi evolitte of S' a constant angle.

6. If S and 1S' inx .sec? iii the point O, tie arc OP>' bears a con-

stant ratio to thte difference b( -veen the arc OP and the tangent PP'.

The logaritlunie spiral will serve to illustrate the two last theoreins.

7. if' righit lines drawn froni anv point R? iii the curve S to touch,

the curres S' and S' in the points 1-> and Q are equal, the produet of
the tang-ents of the hialves of the angles wvhieh the lines R.P, RQ make
with the tang(ent to S ut the point R is constant.

As particular e\am pies of' tiis theorem we may take, irstly, the
case of tangrents drawni to a circle frouîî any point in a line given iii

positioni.

Secondly, tangents (lrawn to two given circles from muy point in
tlieir radilcal axis.

8. La flie saine figure as the last, if' instead of having the tangents

equal we have the angle PRQ constanlt, the circle passing through, the
three poîits P-. R, Q, touches flic curve S at tue point R, and the
normais to the three curves ut the points P, R, Q, meen in a point.

9. If riglit uines drawn from any point R in the curv'e 8 touching
the curve S' in the points P and Q contain with the are PQ a con
stant area, tangent at R is parallel to the righit uine joining P and Q.

M0. If' the vertex of a constant angle is at tlîe point 0, and the
sides of tHie angle eut the curve S in the points P and Q, and the
curve S' in F and Q', area of the figure PQ P'Q' is a maximum when
difference of squares of 01> and 01' is equal the différence of squares
of OQ ahd OQ'.

Ilence if from a point 0 outside a circle it is required to draw two
secants eautaining a given angle, so that the area of' the figure con-
tained by the seca.nts and flic circumt'erence of the circle nay be a
maximum, it is wl the secants make equal angles with the diameter
passing through the point 0.

1l. If tîme vertex of a constant auiigl2, is at the point 0, and the
sides of the angle eut tîme curve S in P aîîd Q, the sum of O.P
and OQ is a uminimum whea the ratio of OP to 0Q is equal to the
ratio of the tangents of the angles whielh the sides of thie giveai angle
niake with the curve.


