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Tln'HC arc Alicl's values.

^7-. Ktc|iiiii; ill \ic\\ tlic values of J| , Jj , etc., in (••7), iiiul hIho

that :. =: I -j- (.'-
, and .•< = /c. 4- /' v^ -> 'i".^' I'litioiml values that may

lie iissij^'iicd to III, ti, *', //, A. A". A' aii'l A" make >'[ ,
as picscntid

ill (71), tlic I'dot (i!'aii niiiatiiiii nt' the lirih (le;,'ree. For, any ratiitiial

values (if///, //, etc., iiiake llie values of >'| . Xj . etc., in §'Il,', rational.

^'•i. It may he noteil that, not only in the cxpres.sioii for I'l in (71)

the root of a fniintic ((|iiatioii whose anxiliaiT l)i(|iia(lrati(; i.s iire-

ihieililo, l)nt (in the uiKleistaiiiliiiir that the snrils ^ h and ^Z - in

Ji may lie rediicitile, the e^•|avs^illll lor r\ in (71) contains the looi.s

ei|uations of the liflh deL,'iee whose auxiliary lii(|iiadraticsith of

lia\o their roots ralional, and of ail that liavo (jnadratic siili-

auxiliaries. It is iniecewsaiy to oiler proof of this.

^74. Tlic ei;nation ,/•'
1
(),-• 4- n./;- 4- lO.i' 4- 1 = is an

(•xaiii|pli' of a solv.ilile (jnintic vvith its auxiliary liiipiadratio ii'K

(lueii)le < Mie of its roots is

4- wor' 4-
1 ..5 +

w hciii},' a )irimitive tit'th root of unity. It is ol)vions that this root

satisfies all the comlilions that have heen |Miii,ted out in the |irecedinj,'

analysis as ncces.sary A rout of an c(juation of the .seventh dci^rec

of the same charactei' i-!

+ + 4-
..T...^

-f + ..6...7

o bcini; a juiiiiitive seventh root of unity. 1'lie ,L;<Mieral foi'in undor
which these instances fall can readily he found. Take the cycle that

contains all tlie )triniiliv< (///')f'' roots of unity,

//3 /,3(I, (11= ,
('P

. etc. (75)

711 h(.'\u<i ].rimo. The nuniher of terms in the cycle U (///. — 1)-

Let ^^i he the (iti + 1)"' term in the cycle (7")), /Aj the {2)11 + 1)

term, and so on. Then the root of an cijuaticn of the ///"' degrei

includiiiif the instances ahove liiven, is

th

,, = (/y + //-i)+(//, + ,-.^+ .... +(^„..., + ^_3).


