
PROPOSITION 2.

THEOREM.

Join the points A and n ; the distance An shall be equal to the perimeter of the FIG. 7.

polygon of an infinite number of sides, or equal to the cireumference of the given circle

"^^^Fo^whh Uie distance An, from A as a center describe through the point n, the arc

nnN, meeting the arc BD in the point n'nN', and CD i.i the point N. Also from he

poin; C, as a center, with ,he distance Cn, describe through n, the arc n nN meeting the

arc BC in the point n', and CD in the point N' ;
because the carve line Bdef .. hdcD

is through intersections ofequal arcs on the arcs BD and BC (Lorn. 1,) the arc Bn ,
must

be equat to the arc Bn ; but the point n is the point of ultimate intersection by construc-

tion on tin- curve line Bdef ... hikD' which is through intersections ol tlie infinite series

of arcs through the points l,2,3,...n, and through the Mifinite series o. points

2' 3' 4', .. n ; hence the point n, must be on the arc nN (fig. 5.) Also the pomt

n 'is 'the point of uhimate intersection of the infinite series of points 1,2,3 ... n

and of the infinite series of points 2\ 3\ 4> ... n', each nterseeting Hie curve line

Bdef . hikl)' ; h..nec the point n must be on the arc n'N', (fig. 5), and conscquemly

the distance An, must be equal to An (fig. 5), and equal to the circumference of

the circle ABD, (fig. 4) ; but the part BG of the curve li.ie Bdef ... hikD is the arc

of a circle (Lem. 2, fig. 3,) having its center on the right line ABG, in the point L,

hence the point n is on the arc of a circle ; and tlie distance An is the determinate

length of the circumference of the circle ABD (fig. 4).

SOLUTION SECOND.

PROPOSITION 3.

THEOREM.

From the point D' wltii the distances D'e and D'f, and from B, with the distances FIG. 7.

Bk" and Bi", describe the intersections a and b', and through the points a' and b',

draw the straight line a'b'n, meeting the circular arc lidef ... liiG, (Lem. 2), in the

point n. Tiie point n siiall be on the intersections of the arcs nN, n'N, BG and the

right line abn,-and tlie distance An, shall be equal to the length of the circumference

of the given circle ABD, (tig. 4.)
. .

For the point k", is tlie variation of k towards i, and the point i" the variation

of I towards li, upon the common intercepted arc dk, (Lem. 10); and in the same

manner as demonstrated, (prop. 1), that tiie curve of intersections, described tlirouglr.he

points y'' and p" and r" and q" iniiy l)e in one straight line with liielr eiiords, the arcBK

must move towards HI), and BK' must move towards BC, (Lem. 10) ;
llien It is evident

thatthedlstaneeBo;" must coineto be ecpial to By", and Bif must he equal to Bp--and K'u

must be equal to K's, and K'v must be eciual to Kr, for tiieir uhimate ratios are equal

;

but this can only tie possible on the common arc dk--nnd therefore, (prop. 1 ), it is only

through the points oC variation k'' and i", and llie points e and /, that the curve

lln<' throut,'h the intersections a'b' ... n, in tliis case, will come to be on the same straight

line wltii its chord a'n ; l)nt the point n is by construction the ultimate intersection

of the line a'b' ... ti on the i'lirvu line Hdr/',.. hikD' of the Intersections described

from H and D', llirougii llie infinite scries of points (',/... n, and of k", t"... » on the

common arc ihrongli tlie intersections, of the series of arcs IK, and 1"K ; licncc the point

:i uni>l be on the arc nN, and also on the arc n'N', and consc(|neiilly on the Intersection

of nN and n'N' ; but the part Bdc/"... hiG, of the ( urv<- line Bilr/'... hikD' Is a cir-

cular arc, (Lcin-2.) Therefore llie dlstanci' An, niUj*t be the determinate length of

the circumference of the circle ABD, (Fig. 4.)

SOLUTION THIRD.

PROPOSITION 4.

THEOREM.

Let the straight line abii, be driiwn through the points of intersection n and b, FIG. 7.

and u'b'n' drawn through tiio points a' niul b', (prop. 3), intersecting eacli other in

11. The dlfiiancc An, shall bo the dctorniinnte length of the cirrumferencntlie ])

of till le ABD, (Fig. 4.)


